Abstract. In this work some properties of static modules are proved. These properties are only stated but not proved in literature.
Introduction
Throughout we assume that all rings are associative and each one is with the multiplicative identity and the modules are unital.
Assume If we replace B by D = End A (M), then the above subcategories will be denoted by Stat(M) and Adst(M), respectively. A study of static and adstatic modules were initiated by Nauman in [9] and [10] and also by Alprin in [3] . Both have used the term static in their works, while the term adstatic was coined by Wisbauer in [6] . The aim of this paper is to prove some properties related to direct sums and direct summands of static and adstatic modules which were extensively used but only stated and not proved in literature (see for instance [1, 2, 4, 6, [8] [9] [10] . Also a complete proof of [5, Lemma 3.2] is given which has a direct application in the next corollary.
M is self-static if M ∈ Stat A (M), and M is self-small if Hom A (M, −) commutes with the arbitrary direct sums of copies of M. 
Properties
The following propostions are stated in [9] . We prove them here.
Proposition 2.2. A direct summand of an M-static module is again Mstatic.
Proof: Let V be an M-static module and let V = V 1 ⊕ V 2 . Then we have
Let φ j , j ∈ {1, 2}, be the restriction map of φ on
Since φ is a monomorphism, the restriction map φ j is also a monomorphism.
To prove that φ j is an epimorphism, let
Thus, for j = {1, 2}, φ j is an epimorphism. Hence V j is M-static.
An object V of Mod−A is said to weekly divide M if V is a direct summand of some finite direct sum of copies of M, while V is said to divide M if V is a direct summand of an arbitrary direct sum of copies of M.
Proposition 2.3: (1) If an
Proof
Since k is finite, kM is M-static, by (2.1),
The remaining part can be proved analogously.
The following lemma is proved in [5, p.1936 
Let P be an object of Mod-A. Define:
Remark. One fourth of the following is proved in [5, Lemma 3.2] . We are giving here a complete proof.
Lemma 2.5. Let N be a cogenerator of Mod-A and let
K = Hom A (M, N) so K is an object of Mod-D. Then 1. η V
is a monomorphism if and only if V ∈ Cogen(K).

σ P is an epimorphism if and only if P ∈ Gen(M).
Proof:
1. First let V ∈ Cogen(K), and assume that 0 = v ∈ V. We will only prove that η V (v) = 0, where
(by adjoint associativity)
Conversely, let
Since N is a cogenerator,
Hence
,we will prove that σ P is an epimorphism. Since P ∈ Gen(M), then we have an exact sequence
where α is epic. Consider the commutative diagram
is an epimorphism. Since α and σ ⊕M are epic, then σ P is also epic. Conversely, let σ P be epic, for some P ∈ Mod-A. t M (P ) and ⊕M, both belongs to Gen(M). Thus σ t M (P ) and σ ⊕M are also epimorphisms. But
is exact. Consider the following diagram
Since − β is an isomorphism, σ P and σ t M (P ) are epic, so β is epic. Since the composition β • α is an epimorphism so is α. Hence P ∈ Gen(M).
The following corollary is a direct consequence of above lemma. 
